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Conjoint measurement  
undone
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Abstract
According to classical measurement theory, fundamental measurement necessarily requires the 
operation of concatenation qua physical addition. Quantities which do not allow this operation 
are measurable only indirectly by means of derived measurement. Since only extensive quantities 
sustain the operation of physical addition, measurement in psychology has been considered 
problematic. In contrast, the theory of conjoint measurement, as developed in representational 
measurement theory, proposes that the operation of ordering is sufficient for establishing 
fundamental measurement. The validity of this view is questioned. The misconception about 
the advantages of conjoint measurement, it is argued, results from the failure to notice that 
magnitudes of derived quantities cannot be determined directly, i.e., without the help of associated 
quantitative indicators. This takes away the advantages conjoint measurement has over derived 
measurement, making it practically useless.
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Representational measurement theory (Luce & Suppes, 2002) is arguably one of the 
most influential theories of measurement. Its beginning can be traced back to Suppes’ 
(1951) and Scott and Suppes’ (1958) reformulation of Hölder’s (1901) axiomatic 
approach in terms of Tarski’s (1954) theory of models. The first systematic exposition 
was delivered by Suppes and Zinnes (1963) and the definite version is presented in the 
first volume of Foundations of Measurement (Krantz, Luce, Suppes, & Tversky, 1971). 
The great merit of the axiomatic approach is to have answered theoretical questions of 
measurement in a consistent mathematical framework. Thus, “the answers to questions 
of measurement have the same unambiguous status as the answers to mathematical ques-
tions posed in other fields of science” (Suppes & Zinnes, 1963, p. 3). Whatever one may 
think of the philosophical theory underlying the representational approach, it has, Michell 
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(2017) notes, “furnished us with mathematical results invaluable for an adequate under-
standing of measurement” (p. 423).

Undoubtedly, the most original contribution of abstract measurement theory is the 
development of conjoint measurement theory as a new type of fundamental measure-
ment (Luce & Tukey, 1964). Conjoint measurement is considered not only a revolution 
in measurement theory (see Michell, 1999, Chapter 8), but also “one of the most impor-
tant developments in scientific psychology” (Cliff, 1992, p. 186), since it holds out the 
prospect that psychological attributes will finally be measured on interval or ratio scales. 
Thus, psychology is transformed into a quantitative science on equal footing with phys-
ics. There is legitimacy in saying that conjoint measurement was especially developed 
for the purpose of making psychological attributes measurable.

In retrospect, however, the faith put in this new theory may have been premature. 
Already, Cliff (1992) referred to abstract measurement theory as the “revolution that 
never happened” (p. 186), since “its influence on the mainstream of any aspect of quanti-
fied psychology has been minimal” (p. 187). More than half a century after the publica-
tion of Luce and Tukey’s seminal article, the situation is basically unchanged. Of course, 
one can also argue that the reason for this state of affairs is due to the fact that only a few 
attempts to apply conjoint measurement have been made (for details on this point see 
Michell, 1999, pp. 211–216). On the other hand, it must be noted that, for instance, the 
extensive experimental studies undertaken by Luce (2000) and others in the context of 
utility theory did not lead to a breakthrough with regard to measurability. Quite the oppo-
site: the unrestricted applicability of the axioms of conjoint measurement was called into 
question by Luce (2011) himself.1 In conclusion, as a matter of fact the unsatisfactory 
situation endures; that is, so far, no interval or ratio scales have been established in psy-
chology, neither by conjoint measurement nor by any other means.

Hence, if one does not want to abstain from using methods of data analysis which 
rely on the assumption that the measurement problem has been successfully solved 
(e.g., structural equation modeling, Bollen, 1989; or multiple regression/correlation 
analysis, Cohen & Cohen, 1975) the question of measurability is to be categorized as 
urgent. As has been emphasized by Paul Barrett (2008), the consequence of ignoring 
the issue is scientific stagnation (see also Barrett, 2018). Apparently, the acuteness of 
the problem is still underestimated. To a substantial extent, the reason for the igno-
rance is probably due to the fact that most psychologists are not aware of the extent 
to which stagnation really characterizes psychology as an empirical science. In my 
view the main characteristic of scientific stagnation is the lack of reproducibility. 
Obviously, as long as empirical results are not replicable they cannot be accepted as 
scientific knowledge. And without knowledge there is no accumulation of knowledge 
and in consequence no progress. Unfortunately, in psychology, the topic of reproduc-
ibility is usually ignored. However, in a recent large-scale study by the Open Science 
Collaboration (2015) the reproducibility of psychological science was systematically 
investigated. The result of the investigation is rather sobering: “After this intensive 
effort to reproduce a sample of published psychological findings, how many of the 
effects have we established are true? Zero. And how many of the effects have we 
established are false? Zero” (p. aac4716-7). I will return to the issue of measurability 
and reproducibility below.
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In previous publications, I have already questioned the utility of conjoint measurement 
in psychology (Trendler, 2009, 2013). My main argument is that in psychology we are not 
even able to satisfy the first condition of quantity which demands the identification of 
equal magnitudes of quantity. What invariably undermines attempts to make progress 
with regard to measurement are systematic disturbances. The problem can be solved—as 
it is, for example, in physics—through the construction of experimental apparatus. This 
method is, in my view, not applicable in psychology to the extent necessary for a success-
ful application of measurement theory. I have called this the Millean quantity objection.

Here I will argue that—irrespective of the validity of the Millean quantity objection—
conjoint measurement is a superfluous method for the investigation of measurability of 
psychological factors. First, I will explore the central role of the so-called standard 
sequence procedure in representational measurement theory. Relying on this investiga-
tion and on the fact that conjoint measurement has displaced derived (or indirect) meas-
urement, I will, second, examine similarities and differences between the two methods. 
The crucial question I will ask is whether conjoint measurement is an adequate substitute 
for the measurement of derived quantities. The answer will be in the negative. That is, 
third, I will argue that the fact that we cannot determine magnitudes of derived quantities 
directly, i.e., without relying on prior measurement, questions the validity of the asser-
tion that conjoint measurement constitutes a useful alternative to derived measurement.

Measurement as counting of units

According to Narens and Luce (1986) measurement is possible whenever four require-
ments are satisfied:

First, the underlying empirical situation is characterized as an ordered relational structure χ = 
〈X, ≿, S1, … , Sn〉, where ≿, S1, … , Sn are the primitives of the structure (…). These primitives 
are empirical relations (including possibly operations) on X that characterize the empirical 
situation under consideration. Second, there are restrictions—axioms—on the structure that 
reflect truths about the empirical situation. These are to be considered as putative empirical 
laws. Third, there is specified a numerically based relational structure ℛ = 〈R, ≥, R1, … , R2〉, 
where R is a subset of the real numbers and the Ri, are relations and operations of comparable 
types to the corresponding empirical ones. Finally, the fourth feature, which accomplishes 
measurement, is the proof of the existence of a structure preserving mapping from χ into ℛ. We 
refer to χ as the empirical or qualitative structure, ℛ as the representing structure, and the 
structure-preserving mapping as a homomorphism or a representation. (p. 173)

These four requirements constitute what Narens and Luce (1986) call the “General 
Representation Theory” (p. 173).

Under scrutiny, however, the general representation theory may require some critical 
comments: first of all, since numbers do not attach to objects by themselves, what is 
necessary for the assignment is a so-called measurement procedure. Furthermore,  
“[d]espite the proliferation of measurement axiomatizations” (Krantz et al., 1971, p. 9), 
the measurement procedure underlying nearly all of them is the so-called “standard-
sequence procedure” (p. 6). As Luce and Narens (1994) note: “either directly or indi-
rectly standard sequences are used to establish scales in almost all of the major results of 
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the FM [i.e., Foundations of Measurement: Vol. 1, Krantz et al., 1971]” (p. 225). These 
comprise all cases of ratio or interval measurement; exceptions being only “purely ordi-
nal cases” (Luce & Narens, 1994, p. 242).

There is a simple explanation as to why the standard sequence procedure plays such a 
unique role in measurement theory. This is because it is involved both practically and 
mathematically in constructing the measurement function φ or in establishing a homo-
morphism φ as a structure preserving mapping between empirical structures (i.e., magni-
tudes of quantity) and numerical structures (i.e., real numbers). The procedure is 
described by Krantz et al. (1971) as follows:

Select any e in A; this will be the unit. For any other a in A, and for any positive integer n, the 
Archimedean axiom guarantees that there is an integer m for which me ≻ na. Let mn be the least 
integer for which this is true, namely, mne ≻ na ≿ (mn – 1)e. Thus, mn copies of e are 
approximately equal to n copies of a. As we select n larger and larger, the approximation 
presumably gets closer and closer and, assuming that the limit exists, it is plausible to define

φ a m
nn

n( )=
→∞
lim . (p. 75)

The task of axiomatic measurement theory is to mathematically demonstrate that such a 
limit exists. The credit to have first solved this task belongs to Otto Hölder (1901). In 
essence, he proved that the assignment of numbers to objects by means of the standard 
sequence procedure is legitimate if it satisfies two properties. First, the numbers assigned 
by counting units in a standard sequence preserve the observational order: i.e., b ≻ c if 
and only if φ(b) > φ(c). This is because, “[i]f b ≻ c, then for some sufficiently fine-grained 
standards sequence based on some a, we have b ≻ na and na ≻ c, so that φ(b) > nφ(a) > 
φ(c)” (Krantz et al., 1971, p. 4). Second, the numbers assigned are additive with respect to 
concatenation, so that φ(b ○ c) = φ(b) + φ(c). “The reason is that if n copies of a must be 
concatenated to approximate b and n’ copies to approximate c, then the concatenation of 
n + n’ copies of a will approximate the concatenation of b with c” (p. 4). In simple terms, 
Hölder demonstrated that numbers and quantities have the same structure.

Furthermore, what is important to keep in mind is that the operation of concatenation 
need not be interpreted as physical addition (e.g., concatenating rods by laying them end-
to-end in a straight line). This applies only to extensive quantities. In the case of differ-
ence measurement, for example, what is concatenated are equal end-to-end intervals a2a1 
∼ a3a2 ∼… . That is, while “[i]n extensive measurement, a standard sequence has the 
form a, a ○ a, a ○ a ○ a, … ; in difference measurement, a standard sequence has the 
form a1, a2, a2, … where a2a1 ∼ a3a2 ∼… . Thus, it is natural to identify a2a1 and a3a2 
each with a, and the overall interval a3a1 with a ○ a” (Krantz et al., 1971, p. 143). 
Similarly, in the case of conjoint measurement “the entities that can be concatenated are 
intervals within one factor” (Krantz et al., 1971, p. 18). “[S]cale values are obtained by 
counting the number of equally spaced levels along each one of the factors” (p. 424).

As pointed out, what is involved mathematically in constructing a numerical assign-
ment φ also applies to empirical practice. For instance, Krantz et al. (1971) describe the 
standard sequence procedure by the example of length measurement as follows:

A meter stick graded in millimeters provides, in convenient form, the first 1000 members of a 
standard sequence constructed from a one-millimeter rod. If we observe that rod b falls between 
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na and (n+1)a, say, between 480 and 481mm, then we assign it a length between nφ(a) and (n 
+ 1)φ(a) (in the present example, between 480φ(a) and 481φ(a), where φ(a) is the number 
assigned to a one-millimeter rod and its copies). The value of φ(a) depends on the selection of 
a particular rod (say, e) to have unit length. If e ∼ ma, then φ(a) = 1/m. Thus, if e is the meter 
stick, then m = 1000 and the length assigned to b must be between 0.480 and 0.481 meters; if e 
is a centimeter rod, then m = 10 and φ(b) must be between 48.0 and 48.1 cm. (p. 4)

Since the standard sequence procedure basically consists in counting units it is alterna-
tively called the “counting-of-units procedure” (p. 6).

Note that measurement based on the counting-of-units procedure is identical to the 
pre-representational, classical understanding of measurement according to which 
measurement can be defined as the determination of the ratio of a magnitude of a 
quantity to another magnitude of the same quantity called unit. That is, if we find that 
na ≈ me, then we have a/e ≈ m/n. If we take e = 1 as unit, we get a ≈ m/n (for details 
on the classical view see Michell, 1990, Chapter 3; Michell, 1999, Chapter 2). That the 
two definitions are equivalent in meaning follows from the fact that the concept of 
“quantity” is synonymous with the concept of a “standard-sequence” as a series of 
units. The conceptual equivalence is acknowledged by Luce and Narens (1994). They 
note that, “since the process of measurement through standard sequences is usually 
taken as paradigmatic of ‘measurement processes’, almost all of the results of FM [i.e., 
Vol. 1 of Foundations of Measurement, Krantz et al., 1971] are valid not only from the 
RTM [i.e., the Representational Theory of Measurement] viewpoint but from a number 
of different perspectives about what measurement is” (p. 225). Subsequently, if used 
without qualification, “measurement” will always mean measurement on ratio or inter-
val scale level. Note that if measurement is conceived as the determination of ratios of 
magnitudes, then, in contrast to Stevens’ (1946) proposal, measurement on nominal 
and ordinal scales is already about relations between magnitudes of quantity (i.e., 
equivalence and order relations).

At this point it seems appropriate to explicate the role of axioms of measurement. In 
analyzing the standard sequence procedure “one is led to the following question: What 
basic assumption must be satisfied by ≻ and ○ in order that the standard-sequence pro-
cedure can be carried through in a self-consistent manner” (Krantz et al., 1971, p. 6). 
The logical step of making these assumptions explicit is called “the axiomatization of the 
measurement procedure” (p. 7). For example, the Archimedean axiom “says that for any 
b, the set of integers n for which b ≻ na is finite” (p. 25). That is, in the case of length, 
the Archimedean axiom asserts that there is no smallest length, respectively, that any 
length b, no matter how small, can always be approximated by a standard sequence na. 
Other axioms formulate more “simple” demands the standard sequence procedure must 
satisfy. For example, the equivalence relation is defined as reflexive (a ∼ a), symmetric 
(if a ∼ b, then b ∼ a), and transitive (if a ∼ b and b ∼ c, then a ∼ c). That is, reflexivity 
implies that in order to construct a standard sequence it doesn’t matter which end of a rod 
is used for the concatenation, symmetry specifies that it doesn’t matter in which order the 
rods are concatenated and transitivity demands that if rod a and rod b are of the same 
length and if the same applies to b and c, then we must find that a and c are also of equal 
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length (i.e., what is demanded is the preservation of length). In short, axioms of measure-
ment are deduced from a logical analysis of the standard sequence procedure.

According to representational measurement theory, the proposed course of action is to 
begin with empirically testing axioms before constructing measurement scales (e.g., 
Krantz, 1971; Krantz et al., 1971, pp. 26–31). Michell (1999) calls the first step the “sci-
entific task” (p. 75). The second step consists of the “instrumental task” (p. 75) of con-
structing scales or measurement instruments. Note that, as explained, testing axioms of 
quantity does not lead per se to measurement; what is required in addition is the applica-
tion of a measurement procedure. Conversely, however, if a standard sequence is suc-
cessfully constructed, the axioms of quantity are implicitly verified. This should come as 
no surprise, since, as pointed out, they originate from a logical analysis of the concept of 
quantity. Hence, if the objective is to obtain measurement on ratio or interval scales, test-
ing axioms prior to the construction process is an unnecessary step. In my view, it is 
therefore more reasonable to begin directly with the instrumental task. Thus, the empiri-
cal demonstration of measurability and the construction of a measurement device take 
place simultaneously. This actually is the standard course of action in physics. The nature 
of the co-dependence between the scientific and the instrumental task will hopefully 
become evident subsequently, in particular through the example of the establishment of 
length measurement by means of the three-plate method.

Before concluding, it should be noted that Krantz et al. (1971) describe the so-called 
procedure of solving inequalities as an alternative for determining ratios between magni-
tudes; “where it is impractical to go through the elaborate process of constructing standard 
sequences” (p. 5). Accordingly, Krantz et al. differentiate “between two types of experi-
mental designs: constructive and factorial” (p. 424). While in a constructive design one 
constructs standard sequences, in a factorial design “a fixed finite set of levels of each 
factor is selected for the study” (p. 425). In essence, the procedure of solving inequalities 
consists in setting up inequalities on the basis of empirical observations and in finding a 
solution to the system. Note that thereby “the concatenation operation ○ is translated into 
addition + of real numbers, and the observational order ≻ is translated into the order > of 
real numbers” (p. 5). As Krantz et al. point out, the translation uses the two above-described 
properties characteristic of numerical assignments by the counting-of-units procedure. 
That is, the translation is legitimate only under the assumption (or hypothesis) that the 
investigated attributes are decomposable into standard sequences (i.e., a series of equal 
magnitudes of quantity) or, in short, that they are quantities. In other words, in setting up 
inequalities one assumes that equal distances between magnitudes of quantity are repre-
sented by “equal distances” between numbers. Hence, just as is the case with the standard 
sequence procedure, the assignment of numbers to objects is eventually accomplished by 
counting units. However, what is important to understand is that, as will be argued, the 
problems with conjoint measurement do not actually start with the construction of standard 
sequences, but with the identification of magnitudes of derived quantities.

Derived versus conjoint measurement

Until the advent of conjoint measurement, the prevailing view in measurement theory 
was that fundamental measurement necessarily involves operations of physical addition 
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(Campbell, 1920). In reaction to this view, Luce and Tukey (1964) introduced conjoint 
measurement as a new method of fundamental measurement which relies at most on 
operations of ordering between magnitudes of quantity. Within representational meas-
urement theory the development of conjoint measurement had far-reaching conse-
quences. As Berka (1983) notes: “In the initial stages of the evolution of the formal 
theory of measurement, thought was also given to a derived numerical assignment, yet in 
the later development of this conception, derived measurement, has been replaced by the 
theories of the so-called conjoint measurement” (p. 125). Thus, while Suppes and Zinnes 
(1963) still devote a separate section to derived measurement, the topic is almost com-
pletely omitted in the Foundations of Measurement (Krantz et al., 1971). A comparative 
analysis of the two methods shall clarify to what extent the replacement is justified.

Before proceeding I would like to make the following conceptual clarifications: basically 
the term “variable” will be understood as a symbol that represents a quantity. The often used 
terms “independent variable” and “dependent variable” will be understood as they usually 
are, i.e., as standing for cause and effect. (However, the notions “latent variable” and “mani-
fest variable,” as they are employed in structural equation modeling, will be avoided because 
of the undesired connotations or the “mythology”; Maraun & Halpin, 2008, p. 114, attached 
to them. Accordingly, despite the overlap in meaning, the notion “derived quantity,” as is 
defined below, is not considered as equivalent in meaning to the notion “latent variable.”) In 
the case of laws of nature the variables in a function y = f(x) represent magnitudes of physi-
cal quantities. If the quantity is, for example, temperature T, then a magnitude of quantity is 
a particular temperature (e.g., 273.16 as the measurement value for the triple point of water 
on the Kelvin scale). Quantities will be depicted by capital letters and magnitudes (or levels) 
of quantity by lower letters. The discovery of laws of nature or of empirical laws basically 
consists of the empirical investigation of how variations in magnitudes in one quantity are 
causally or structurally connected to the variations in magnitudes in another quantity, which 
is a function of the first. An example of a causal law is PV = T, where P is pressure, T is 
absolute temperature, and V is volume. An example of a non-causal or structural law is D = 
M/V, where D is density, M is mass, and V is volume. Although the following argumentation 
will focus on causal laws, the objections raised will in essence apply to both.

Derived measurement is applicable in situations in which the empirical relation 
between a quantity P and at least two other quantities A and X can be represented by a 
non-interactive function f. The most simple of such functions are of the additive form P 
= A + X and the multiplicative form P = A × X. These are, as Michell (1990) explains, the 
simplest non-interactive functions from an infinitely large set. He notes: “Unless there 
are special reasons for not doing so, the noninteractive relationship between P, A, and X 
may always be expressed in the simple additive or multiplicative forms” (p. 77–78). Sixtl 
(1982, p. 28) emphasizes that the set of what he prefers to call decomposable functions 
allows an algebraic separation of the variables involved. Obviously, an empirical rela-
tion of the form P = f(A, X) can be represented by a non-interactive function f only if 
algebraic separability is matched by empirical separability. Note that in the case that one 
of the quantities is maintained at a constant level the relation between the remaining two 
becomes one of proportionality.

Necessary conditions for the applicability of derived measurement are, first, that at 
least one of the quantities is measurable and, second, that it is possible to determine 
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magnitudes of quantity for the other two quantities. Let a, b, c, … be magnitudes of 
A and x, y, z, … be magnitudes of X, so that ax, ay, … , cy, cz, … are magnitudes of 
P. The empirical relation between A, X, and P can be represented by a non-interactive 
function f, if the effects of A on P are empirically separable from the effects of X on 
P. That is, it must be demonstrated that “the two components contribute their effects 
independently to the attribute in question” (Krantz et al., 1971, p. 247). More pre-
cisely, what we must find is that for any combination of two magnitudes a and b of A 
with magnitudes x, y, z … of X the values of the ratios ax/bx = ay/by = az/bz … are 
constant or invariant. If the separation is empirically possible then the effects of X on 
P should cancel out, thus giving the value of the ratio a/b = c, where c is a constant. 
(The same reasoning applies in analogy to the measurement of X.) In view of this it is 
evident why derived measurement can be defined as the discovery of constants in an 
empirical law (Ellis, 1966).

What in theory seems simple is in practice usually a highly complex issue. For 
instance, initially the experiments performed by Boyle (1662) and Gay-Lussac (1802) 
seemed to demonstrate that the behavior of all gases under heat can be characterized by 
the relation PV/T = const. But attempts at replication in the first half of the 19th century 
failed, i.e., the more rigorous and technically sophisticated experiments performed by 
Regnault (1847) and others demonstrated that gases deviate significantly from propor-
tionality (Mach, 1896; Ostwald, 1894). The crucial discovery to advance thermometry 
over this hurdle was made by Regnault (1847) in the context of his compressibility stud-
ies in which he systematically investigated deviations of gases from the laws of Boyle 
(PV = const.) and Gay-Lussac (V/T = const.). What he observed was that different gases 
approach these laws as the pressure is reduced towards the limit of zero. This discovery 
led to the notion of the perfect or ideal gas and in consequence to the concept of PV = T 
as “a limit law which applies to gases in a state of extreme dilatation; but which deviates 
all the more from reality the more the gases are compressed, in other words, the closer 
their molecules move together” (Regnault, 1847, p. 120).2

Based on Regnault’s discovery, Berthelot (1907) devised a convenient method to 
measure temperature on a ratio scale, which represents to this day one of the favored 
methods in gas thermometry (Benedict, 1984; Wensel, 1941). In essence, Berthelot’s 
method relies on the Amagat diagram, i.e., a graphical representation of isothermals of 
the pressure-volume product PV as a function of pressure P. The advantage of the graphi-
cal representation is that the isothermals of an ideal gas are represented by horizontal 
lines. Thus, deviations from ideality are easily noticeable and can mathematically be 
dealt with. Empirically, Berthelot’s method requires P-V observations at successively 
lower pressures along two isothermals. Linear extrapolation to zero pressure yields the 
PV intercepts. Thus, in principle, the ratio between any two temperatures can be deter-
mined or, more precisely, as Benedict (1984) explains:

Once a definite number is assigned to one arbitrary state (as 273.15 K to the ice point) or once 
a definite temperature difference is assigned between two reproducible reference states (as 100 
to Tsteam – Tice), all other temperatures on the absolute scale can be determined in principle. In 
practice, however, no continuous absolute scale is forthcoming, since only a finite number of 
reliable fixed-point environments exist where such temperature ratios can be defined. (p. 20)
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Note that the impediments to the construction of a continuous scale are not theoretical 
but empirical in nature. They result from limits set by nature to experimental manipula-
bility. What further complicates matters are of course systematic disturbances, i.e., the 
inadequacies of the equipment used (Childs, Greenwood, & Long, 2000). They may 
comprise the thermal expansion of the gas bulb, the absorption of impurities in the gas, 
the difference in the gas at different levels in the pressure sensing tubes, etc. (for details 
see also Guildner & Thomas, 1982).

Similarly, conjoint measurement is applicable in situations where a quantity P is 
empirically related by a non-interactive function f to two other quantities A and X. 
However, the great advantage is seen in the fact that in order to attain measurement none 
of the quantities must be measurable. What is solely required is that we are able to deter-
mine magnitudes of A, X, and P and to apply the operation of ordering to P. Theoretically, 
the method allows the construction of standard sequences on each factor, so that meas-
urement values can be obtained simply by counting the number of equally spaced levels 
along each one of the factors.3

Following Krantz (1964), the basic idea of the construction of a standard sequence by 
means of conjoint measurement can be outlined as follows: let us select ax < bx as unit: 
if some y can be found such that ay = bx, then a shift from a to b produces the same 
change in P as a shift from x to y. Under the condition that the joint effects of A and X on 
P are additive, the difference between (by - ax) is twice as large as the differences 
between (bx - ax) and between (ay - ax). If there exists some c and z for which az = by = 
cx then c and z produce twice the difference from ax than b and y produce from ax, etc. 
Krantz concludes:

Thus, by matching changes produced by varying the level of one factor with changes produced 
by varying the level of the other, and by considering the contributions of the two factors as 
additive, one obtains a scale on each factor, with scale values summing to give a scale for the 
quantity being measured. (p. 249)

But, as Krantz et al. (1971), point out, before a standard sequence can be accepted as 
“equally spaced,” the assumption of additivity must be tested empirically, since if “A1 
represents a finite set of levels of some factor and A2 represents a different factor, there 
is no reason whatsoever to suppose that when we move from (b1, b2) to the next higher 
level of A1, say (a1, b2), the effect is exactly the same as when we move to the next higher 
level of A2, say (b1, a2)” (p. 20). Hence, the construction process allows an empirical test 
by entailing a prediction. That is, if we start by selecting level a of A and level x of X and 
if we select as the next highest level y of X, then we are constrained to select the next 
highest level b of A so that ay = bx. Next, we are forced to select the next level c of A so 
that cx = by and, similarly, z of X so that by = az. “But now, with all degrees of freedom 
gone,” we are forced to have cy = bz “which, empirically, could be false” (p. 21).

It should be noted that there is an intrinsic relation between conjoint measurement and 
the concept of indifference curves as the central characteristic of derived measurement. 
Narens and Luce (1986) elaborate:

The factorizable orderings are very closely related to the concepts of trade-offs and indifference 
curves that are widely used throughout science: in each case, the equivalence part of the 
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ordering describes the trade-off between the factors that maintains at a constant value the 
amount of the attribute in question, be it mass, loudness, or preference. (p. 169)

Hence, conjoint measurement has much more in common with derived measurement 
than one might expect. Michell (1999) notes: “a trade-off between equal increases in two 
attributes identifies equal ratios directly. An increase from, say, X to Y, within an attrib-
ute, not only identifies a difference (Y − X), but also identifies a ratio (Y/X), the factor by 
which X is multiplied to reach Y” (p. 204). That is, “[i]dentifying ratios directly via trade-
offs results in the identification of multiplicative laws between quantitative attributes. 
This fact connects the theory of conjoint measurement with what Campbell called 
derived measurement” (p. 204).

However, though prima facie conjoint measurement may seem less demanding than 
derived measurement, in practice the construction of a standard sequence may be quite 
difficult to implement, since it places even higher demands on our ability to control phe-
nomena than derived measurement. One of the main causes of concern is the so-called 
solvability condition, which is a necessary requirement not only in theory but also in the 
construction process. In conjoint measurement, this axiom demands “that for any ap in 
A1 × A2 and for a certain b in A1, there exists q in A2 such that ap ∼ bq” (Krantz et al., 
1971, p. 423). Note that, for example, in the case of temperature measurement—given 
the problem of establishing fixed-points—the implementation of a constructive design 
would be practically impossible. That is, it is not possible to arbitrarily select fixed tem-
perature points—as the solvability condition demands—in such a way that in combina-
tion with different values of pressure equal intervals of volume expansion can be 
constructed.

At this point supporters of the representational measurement theory may concede that 
the constructive design is indeed “difficult to execute because a different construction is 
required for every subject. Another [reason] is that the construction requires a great deal 
of care because random error is magnified at each successive stage; moreover, time and 
order biases may introduce systematic error as well” (Krantz et al., 1971, pp. 424–425). 
As mentioned earlier, under these circumstances the application of the factorial design is 
suggested as an alternative measurement procedure. One of the main reasons for the 
development of measurement inequalities is the elimination of the solvability condition. 
However, in my view this approach is—relative to derived measurement—no less if not 
even more demanding than the constructive design. Apart from the theoretical “problem 
of formulating necessary and sufficient conditions for the existence of a linear represen-
tation (i.e., additive or subtractive) for finite data structures” (Krantz et al., 1971, p. 426), 
there is the practical problem of controlling the phenomena to such an extent that a “set 
of levels of each factor [i.e., a set of magnitudes of quantity]” (Krantz et al., 1971, p. 425) 
can be determined free of systematic error. Accordingly, Krantz et al. (1971) note:

An attempt to apply a finite linear measurement model to empirical data is all too often 
confronted with the unfortunate situation where the system of equations and inequalities 
derived from the data (via the measurement model) is inconsistent. In part, at least, this may 
result from sampling errors that can render the system unsolvable, even if the underlying model 
is basically valid. (p. 434)
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Furthermore, even though “[r]educing error variance is clearly desirable; nonetheless, 
the model can be so sensitive even to relatively small sampling errors that this approach 
can turn out to be too costly” (p. 434).

In conclusion, the comparison of the two methods demonstrates that the attainment of 
measurement by means of conjoint measurement is more difficult in empirical practice 
than by means of derived measurement. In other words, the price paid for making weaker 
theoretical assumptions (e.g., that none of the quantities must be measurable) are higher 
demands on our ability to control phenomena. Therefore, whenever at least one attribute 
is measurable—even though theoretically conjoint measurement would still be applica-
ble—the use of derived measurement is preferable. So far, the identification of magni-
tudes of quantity (i.e., measurement on a nominal scale) was assumed as non-problematic. 
In the next section this assumption will be submitted to a critical investigation.

The problem with derived quantities

Krantz at al. (1971) note: “an attribute is called fundamental if its measurement does not 
depend on the measurement of anything else” and they add: “[b]ecause of the inherent 
logical symmetry of conjoint measurement … all of the traditional physical attributes, 
are fundamental” (p. 502). The authors explicate this strong statement by referring to 
“the usual situation in applications of conjoint measurement to physics” (p. 277):

For example, moving objects can be ordered in three different ways (at least): ≿m (mass 
ordering), ≿v (velocity ordering), and ≿p (momentum ordering). When we write an object with 
mass a and velocity q as an order pair aq and consider the momentum ordering ≿p on the 
product set, e.g., aq ≿p a’q’, we are really constructing a product set by observing ∼m and ∼v 
… . Clearly, if there are three orderings, which two we select as independent variables is a 
matter of convention. (p. 277)

This is also the reason why they agree with Pfanzagl (1968) who expressed the same 
opinion, namely that no real distinction can be drawn in physics between fundamental 
and derived measurement. The origin of the faith in the power of conjoint measure-
ment—i.e., the conviction that all kinds of quantity have essentially the same status—
rests on the view that magnitudes of any quantity can be deduced “from entirely 
qualitative observations” (Narens & Luce, 1986, p. 168), i.e., observations which do not 
require any prior measurement. A critical analysis of the origin of this view will be deliv-
ered in the next section. Here, I will focus on the question of whether it is indeed possible 
to determine magnitudes of any quantity fundamentally.

Luce and Tukey (1964) illustrate the procedure of conjoint measurement by a mechan-
ical example. For instance, they argue, joint effects of mass and gravitational potential 
difference in producing momentum can be studied with a ballistic pendulum as follows:

Let a pendulum hanging in vacuo be fitted with auxiliary horizontal arms that end in sticky 
pans, and arrange it so that pairs of spherical pebbles of the same material can be dropped on 
the pans simultaneously from repeatable points of release. We record, qualitatively, the altitude 
of release and identity of each pebble and the direction of the first swing of the pendulum. Such 
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a device is, in essence, a two-pan ballistic pendulum that permits us to compare momentum 
transfer. If A and B represent altitudes of release, or, more precisely, differences in gravitational 
potential between the release points and the pans, and P and Q represent masses of the pebbles, 
then the device allows us to compare directly the effect (A, P) with the effect (B, Q) when the 
two pebbles are dropped simultaneously. (pp. 4–5)

Of course, Luce and Tukey are aware of the fact that physical quantities can be measured 
in conventional manners. Accordingly, they “do not claim that conjoint measurement 
supersedes classic measurement by concatenation, but only that neither is more funda-
mental than the other” (p. 5).

Admittedly, in the case of length, measurability is entirely deducible from qualitative 
observations. However, as Dingler (1925) notes, the real problem with empirically test-
ing length for measurability is the problem of circularity. That is, in empiricist theories 
such as the representational measurement theory, it is usually suggested that the axioms 
of measurement can be verified by means of straight rods (e.g., Krantz, 1971). But note 
that straight rods are rigid physical objects of definite geometrical form (i.e., rectangular 
cuboids or cylinders). Hence, if the empirical testing fails one can always argue that it 
was due to systematic disturbances, i.e., that the rods were not straight and/or rigid 
enough. Therefore, one must make sure beforehand that the objects used are suited for 
the purpose of empirical testing. For instance, how can we ensure that the opposite edges 
are of equal length? Obviously, if one will want to examine the objects by means of a 
ruler this will lead automatically into a vicious circle. After all, a ruler is nothing but a 
straight and rigid rod. Hence, the crucial question is: how can we solve the problem 
without presupposing that it has already been solved somewhere else?

As Dingler (1933) points out, the task can be accomplished with the help of the so-
called “three-plate method,” as used in manufacturing precision tools. The procedure can 
briefly be described as follows: “One takes three steel plates a, b, c (naturally already 
smoothed in a rough sense—though this is not necessary in principle) and polishes these 
on one another in such a manner that in continuous exchange a and b are ground against 
each other, then a and c, and b and c” (Dingler, 1933, p. 38, as translated in Dingler, 
1936/1988, p. 407; for a slightly different variant of the procedure see Goodeve & 
Shelley, 1877, pp. 11–16; see also Dotson, 2016). Finally, in similar steps of working the 
metal and operations of geometrical fitting it is possible to manufacture rectangular rods, 
i.e., physical objects having the geometrical form of rectangular cuboids (for details see 
Goodeve & Shelley, 1877, pp. 18–20). Thus, rulers can be manufactured without requir-
ing any prior established length measurement. Note that the method of manufacturing a 
measuring instrument is simultaneously the method of verification of measurability. That 
is, for instance, if the three plates do not mutually fit upon each other then we can confi-
dently conclude that at least one is not flat. In conclusion, in the case of length measure-
ment the objects “qualitatively observed” are their geometrical forms. Obviously, the 
method of qualitative observation works with extensive quantities like length; but how 
about non-extensive quantities? After all, Krantz (1971) explains: “Extensive measure-
ment has had few applications to fundamental measurement of psychological variables, 
because no concatenation operations are known for variables such as loudness, utility, 
intelligence, thirst, or anxiety, which satisfy appropriate qualitative laws” (p. 1428).
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As usually understood, extensive quantities are dependent on the amount of matter in 
an object. That is, if an object is divided into any number of parts, the value of an exten-
sive attribute of the object (e.g., volume) is the sum of the values of its parts. In contrast, 
non-extensive quantities do not depend on the amount of matter in an object. For exam-
ple, the temperature of the parts of a divided object is the same as the temperature of the 
whole object. Krantz et al. (1971, p. 502) agree that the distinction between fundamental 
and derived measurement would make sense if the former would simply mean “exten-
sive” and the latter “non-extensive.” This view apparently contradicts Norman Campbell’s 
(1920) belief that fundamental measurement necessarily requires physical additivity. 
That is, contrary to Krantz et al., Campbell was of the opinion that quantities which do 
not sustain the operation of physical addition can be measured only derivatively (for 
details see Michell, 1999). Since the invention of conjoint measurement, however, there 
is the general opinion that the distinction between extensive vs. non-extensive quantities 
does not really represent any limitation to what is fundamentally measurable. The shared 
view among supporters of representation measurement theory is that the applicability of 
the “method of directly ordering an attribute” (Krantz et al., 1971, p. 502) is sufficient for 
attaining the fundamental measurement of any attribute.

However, in my view the problem in psychology is not really with the difference 
between extensive versus non-extensive quantities, but results from the fact that, if at all, 
magnitudes of psychological attributes are only identifiable dependent on causally or 
structurally associated quantitative indicators. For instance, it is not only impossible to 
concatenate two instances of motivation, but it is also not possible to place them, so to 
speak, next to each other and compare them directly with regard to their magnitude, as is 
possible with two straight rods. (As the three-plate method demonstrates: no other quan-
tity is necessary to empirically verify the measurability of length.) Psychologists are very 
much aware of the problem. For example, in their guide for how to measure motivation, 
Touré-Tillery and Fishbach (2014), point out that as “the psychological force that enables 
action,” motivation “cannot be observed or recorded directly” (p. 328). They elaborate, 
“[r]esearchers measure motivation in terms of observable cognitive (e.g., recall, percep-
tion), affective (e.g., subjective experience), behavioral (e.g., performance), and physi-
ological (e.g., brain activation) responses and using self-reports” (p. 328).

In line with the above definition of fundamental attributes an attribute will be called 
derived if its measurement depends on the measurement of something else. Accordingly, 
derived quantities can be defined as quantities for which it is not possible to determine 
magnitudes of quantity directly. (Note that fundamental versus derived attributes as here 
defined should not be confused with “base” versus “derived” units as they are defined in 
the International System of Units. Second, note that the class of derived quantities is 
larger than the class of intensive quantities. Thus, both force and temperature are derived 
quantities; but only the latter is also an intensive quantity. And, third, of course associ-
ated indicators may themselves be derived quantities.)

Psychological attributes share the differentia specifica of derived attributes with phys-
ical quantities usually called “forces” (e.g., accelerative forces, electromotive forces, 
elastic forces, pressure, gravitation, electric fields, etc.). That is, just as is the case with 
physical forces, magnitudes of “psychological forces” are in principle not directly detect-
able, but only by means of the effects they produce. Actually, with physical forces the 
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problem was critically noted almost immediately after Newton (1687/1999) introduced 
the concept into modern physics (Jammer, 1957). Thus, it was already clearly expressed 
by d’Alembert (1743) through the example of accelerative forces. He noted that:

Consequently, they cannot manifest themselves to us but only through the effect they produce by 
accelerating or decelerating the movement of objects, and we cannot distinguish one from 
another but only by the law and the known magnitude of their effects, i.e., by the law and the 
quantity of variation they produce in the movement of objects. (as cited in Jammer, 1957, p. 213)

In psychology the problem of derived attributes is usually described with the help of the 
conceptual dichotomy “observable” vs. “non-observable.” This conceptualization may 
mislead us into believing that psychological attributes are entities which eventually may 
become directly observable and thus fundamentally measurable. In my view, however, it 
makes no sense to conceive of psychological attributes as non-observable entities, just as 
it makes no sense to conceive of physical forces as non-observable physical objects. 
Note that even though we are able by now to measure electrical current by directly count-
ing single electrons (Bylander, Duty, & Delsing, 2005) this does not make the electromo-
tive force (or rather potential differences) as the causa movens in any sense more “visible” 
and hence directly measurable. Or, for instance, though it may be possible to measure 
temperature based on counting atoms (Müller et al., 2010; Sanner et al., 2010), tempera-
ture (or rather temperature differences), as the cause of the phenomena observed, is still 
not directly measurable. Nobody searches for methods for visualizing forces as one 
searches, for instance, for methods to make atoms visible (e.g., at the SuperSTEM; 
Engineering and Physical Sciences Research Council, 2015).

Accordingly, in the critical discussion it is generally acknowledged that forces cannot 
be measured fundamentally or directly. That is, there is no debate among physicists that 
the “non-observability” of forces may be ascribable to a deficit in our methods of detec-
tion (Coelho, 2010; Jammer, 1957). Those who question their status don’t suggest solving 
the problem by developing devices for an effect-independent detection. However, what 
has been tried with much tenacity was to minimize their role by degrading them to theo-
retical terms or, even more, to eliminate them from physics altogether. For instance, prob-
ably most forcefully, Ernst Mach (1868) attempted to purge the concept of force from 
mechanics, since it is “unfit to enter an empiricist schema, in which existence must be 
identified with capacity to have or to produce sense impressions” (Bunge, 1966, p. 589). 
According to Jammer (1957), the “process of eliminating the concept of force from 
mechanics” (p. 241), as started by Ernst Mach, has been completed in its logical develop-
ment. In contemporary physics, Jammer claims, force merely “plays the role of a meth-
odological intermediate” (p. 244). Thus, within the framework of classical mechanics, 
force denotes nothing more than a configuration of “gravitational masses, electric charges, 
magnetic moments, and so forth” (p. 244) and, in consequence, “the product of the inertial 
mass m of our test body A and its acceleration a, that is, ma, is a function ϕ of the total 
configuration under discussion” (p. 244). However, what has also become evident in the 
meantime is that radical attempts to completely purge physics of the concept of force or 
“non-observable” quantities in general must be considered as failed. As Stepin (2005) 
recently remarked: “The strict requirement to eliminate non-observable quantities from 
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theory has never been applied in physics” (p. 273). Above all, the philosophical discussion 
has had as good as no influence on the practice of measurement (e.g., see the guide for the 
measurement of force published by the National Physical Laboratory, 1998).

It should be noted that similar eliminative attempts in psychology also completely 
failed. Most notably is, of course, the radical attempt initiated by Watson (1913) to 
reduce psychology to “facts of behavior” (p. 159); a research program which came to 
be known as “methodological behaviorism” (Graham, 2015). One of the main reasons 
why behaviorism ultimately failed was because it could not deal with “intervening 
variables,” which were first introduced—or rather reintroduced—by Tolman (1938) 
into psychology as standing for non-observable, psychological factors (e.g., appetite, 
demand, skill, etc.). Hence, just as in physics, it turned out that empirical phenomena 
cannot be adequately described without the help of intervening variables or derived 
quantities.

In conclusion, there is in principle no observational setup through which psychologi-
cal attributes will ever become directly detectable and therefore directly measurable. In 
this regard behaviorists were certainly justified in their mistrust of “mental entities.” In 
the best case, neural correlates of psychological attributes may someday be identified 
unequivocally. Thus, similar to the measurement of derived quantities on the atomic 
level, magnitudes of psychological attributes may theoretically be determined by, say, 
using as indicator the number of active brain cells in a certain region of the brain. Still, 
note that, even under these ideal circumstances, the proportionality between magnitudes 
of motivation M and number of active brain cells N would have to be first established 
experimentally following the procedure of derived nominal measurement described 
below. Merely observing brain activity will not tell us which psychological phenomenon 
it is associated with, just as observing moving elementary particles will not tell us if the 
cause of movement is electric, thermic, or mechanical in nature. But doesn’t this place 
psychological attributes “in a sort of never-never land—a domain which is forever inac-
cessible to scientific inquiry” (Krech, 1950, p. 284)? Before answering this question the 
following issue must be clarified: given the substantial problems described, why is the 
detection of magnitudes of derived attributes not perceived as problematic? This topic 
will be dealt with in the next section. The subsequent section will be devoted to the ques-
tion of how—despite the fact that they are not directly detectable—magnitudes of derived 
quantities can still be identified.

Humans as measurement instruments

In my view the reason for the misapprehension of the problem of derived attributes can 
be traced back to the widespread view that test subjects are somehow capable of deter-
mining magnitudes of quantity of psychological attributes. That is, psychological tests 
usually employ some form of a psychometric scale (e.g., the Likert scale) to collect data. 
Note that if the data are considered to satisfy the demands of interval or ratio scales, the 
hand of the test subject moving a pencil along the scale and making a mark is treated as 
equivalent to the movement of a pointer in the display of a measuring device. Hence, 
there is legitimacy in saying that the unit “test subject-rating scale” is quite literally 
regarded as an embodiment of a measurement instrument.
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More precisely, a thus conceived test–testee unit can be viewed, as was already noted by 
Suppes and Zinnes (1963), as an instance of “pointer measurement,” i.e., as “a numerical 
assignment (either fundamental or derived) based on the direct readings of some validated 
instrument” (p. 20). Note that by holding this view one is implicitly obliged to assume “that 
someone has taken the trouble to verify that the deflections of the pointer under certain 
‘standard’ conditions do indeed correspond to the values of a given fundamental or derived 
numerical assignment” (p. 20). However, instead of “pointer measurement,” the term more 
commonly used in psychology is “measurement by means of convention (by fiat)” (Berka, 
1983, p. 131); a concept that has been introduced into the social sciences by Torgerson 
(1958). In essence, measurement by fiat is “based on the belief that the respective attribute 
is measurable, and that tests lead to measurement on interval scales” (Orth, 1974, p. 41). 
Berka (1983) critically notes: “Since the measurement on the basis of conventions depends 
on the ‘intuition of each individual experimenter’, the results obtained via this pseudo-
measurement are considerably controversial” (pp. 131–132). Suppes and Zinnes (1963) 
likewise observe: “All too often in the behavioral sciences a direct reading instrument is 
available (and used) despite the fact that its readings are not justified; the readings do not 
correspond to any known fundamental or derived numerical assignment” (p. 21). Despite 
this deficiency, the practice continues unabated to the present day. As Morris, Grice, and 
Cox (2016) recently pointed out: “It is common practice in psychology to devise ‘measure-
ment’ procedures by imposing rating scales (e.g., Likert items) onto phenomena and treat-
ing the values they produce as quantities” (p. 1).

Importantly, however, even where the quantitative hypothesis is empirically explored, 
the view that humans have the capabilities of measurement instruments enters the inves-
tigation as a background assumption or an auxiliary hypothesis. For example, consider 
Michell’s (1994) investigation of the hypothesis “that differences between distinct atti-
tudes on the same dimension are quantitative” (p. 244) on the basis of Coombs’ theory of 
unfolding (Coombs, 1964; see also Michell, 1990, Chapter 7). In order to apply the 
method of unfolding one has to identify points (or magnitudes of quantity) on the dimen-
sion investigated. These are of course not determined directly, as is in general the case 
with derived attributes, but indirectly by asking individuals i if they prefer x to y. Also, 
note that, though on the face of it only judgments about ordinal relations are demanded 
of the test participants, in reality it is implicitly assumed that the responses are deter-
mined by consulting an “internal” scale on which the distance of x and y to the so-called 
point of maximum preference is estimated. In addition, it is hypothesized that all partici-
pants agree about the location of the items on the quantitative dimension; in other words, 
they are not only conceptualized as valid, but as calibrated instruments as well. Hence, 
as is usually the case in psychology, “test–testee units” are conceived as instances of 
pointer measurement.

In conclusion, the fact that the problem of derived quantities does not attract the nec-
essary attention in psychology can be attributed to the commonly shared, unquestioned 
assumption that humans are capable of unequivocally identifying magnitudes of quan-
tity, i.e., that they are capable of performing the tasks usually ascribed to measurement 
instruments. I believe that it is this view of “humans as measurement instruments” that 
creates in psychology the illusion that magnitudes of derived quantities can be deter-
mined fundamentally. However, by relying on the assumption that in test subjects “a 
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direct reading instrument is available” (Suppes & Zinnes, 1963, p. 21) the problem of the 
determination of magnitudes of derived quantities—the task which actually must be first 
and foremost dealt with—is evaded. In other words, it is hypothesized that the problem 
has already been solved “within” the test participants and that consequently we only have 
to ask them about the location of the items on the quantitative continuum. The nature of 
the illusion becomes, I believe, even more evident if one considers that the “method of 
asking” the objects under investigation for the location of magnitudes on a quantitative 
continuum is inapplicable in physics, since physical objects are not able to reply to our 
questions or follow our instructions. (Note that the logical possibility that humans may 
have the capabilities of measurement instruments is not disputed; though it is in my 
view—for reasons stated elsewhere; Trendler, 2009—an unrealistic hypothesis.)

As the effect, so the cause

In experimental practice, the problem posed by derived quantities is not so much a concep-
tual problem, but rather a problem of empirical manipulability. Accordingly, I believe that 
the solution to the problem of derived quantities is not theoretical, but practical in nature. 
In other words, the problem of derived quantities—as a “problem of theoretical terms” 
(Holger, 2017)—has a practical solution. The following brief analysis of the measurement 
of “forces” in physics should help to explicate how the problem is circumvented in prac-
tice. This is all the more relevant since psychological factors are usually conceived—simi-
larly to forces in physics—as the “force” or the “drive” behind observed behavior.

The category of what Fuchs (2010) calls “driving forces” is probably one of the larg-
est subsets of derived physical quantities. To start with, let us consider, for instance, the 
phenomenon of pressure equalization. It is experimentally demonstrable with the help of 
two communicating tanks connected by a lockable hose at their bottoms and filled with 
oil. If the level of fluid in the tanks is different, we will observe that, as the level in one 
of the tanks decreases it will increase in the other tank until the system reaches equilib-
rium. Fuchs explains: “There is dynamics as long as we have difference of levels in the 
two tanks—the level difference is conceptualized as the driving force of the flow of 
fluid” (p. 18). The driving force in a hydraulic system is called pressure. In analogy, in 
electrical circuits the electric charge flows from higher to lower electrical intensity and 
the driving force is called electric potential or electromotive force. “Ohm’s law actually 
establishes the relationship between the flux of charge, the properties of the conductor, 
and the electrical driving force responsible for the flow” (p. 84). Furthermore:

We say that heat flows from the hotter body of water to the colder one as long as there is a 
temperature difference. We interpret temperature differences as the driving force for the flow 
of heat and temperature as the thermal level because the behavior of the temperatures 
resembles that of water levels in communicating tanks, or of voltages of capacitors connected 
by a resistor. (p. 100)

However, the crucial point is that directly detectable phenomena alone “do not tell us 
anything about why water should be flowing at all. In electrical circuits as well, we need 
a quantity which is responsible for setting up currents of charge in the first place” (p. 28). 
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Hence, derived quantities are necessary for a complete description and explanation of 
the phenomena observed.

But how can we manipulate and control driving forces if they are not directly identifi-
able? As argued elsewhere (Trendler, 2009), the discovery of causal or structural rela-
tions is a matter of apparatus construction. In the case of temperature, we need a heat 
engine which generates the thermal energy necessary to bring the system to a higher or 
lower temperature. In a hydraulic circuit the task of manipulation and control of pressure 
can be accomplished by means of a pump; in the case of an electrical circuit voltage can 
be manipulated with the help of a battery. The construction process is normatively guided 
by the idea of proportionality. Robert Hooke (1678) pointedly expressed the idea with 
reference to the measurement of force by means of the law of the spring: “Ut tensio sic 
vis; That is, The Power of any Spring is in the same proportion with the Tension thereof: 
That is, if one power stretch or bend it one space, two will bend it two, and three will 
bend it three, and so forward” (p. 1). Whewell (1840) generalized the idea into one of his 
“[a]xioms which relate to the idea of cause” (p. 169), namely: “Effects are proportional 
to their Causes, and Causes are measured by their Effects” (p. 171).

Of course, causal or structural proportionality cannot be assumed a priori as empiri-
cally true, but must be demonstrated experimentally. It depends on the ingenuity and 
persistence of the experimenter to establish processes which realize proportionality. The 
method essentially consists in using the quantitative indicator P to identify magnitudes 
of the derived quantity A on the basis of Mill’s method of concomitant variations, which 
states: “Whatever phenomenon varies in any manner whenever another phenomenon 
varies in some particular manner, is either a cause or an effect of that phenomenon, or 
is connected with it through some fact of causation” (Mill, 1843, p. 470). The criterion 
for the successful identification of magnitudes of derived quantities (e.g., temperature) 
by means of already measurable quantities (e.g., volume) has been clearly specified by 
Regnault (1847, pp. 164–165). That is, for example, in the case of gas thermometry it 
must be empirically demonstrated that under identical circumstances T (e.g., the triple 
point of water) the investigated gas always occupies the same volume V and, moreover, 
that this outcome is arbitrarily reproducible with the same and with different experimen-
tal apparatus. In other words, ceteris paribus, we must always obtain, in the limits of 
random error, identical measurement values for V. Thus, the known value of the magni-
tude of the quantity V is taken to indicate a particular though yet unknown value of 
magnitude of the quantity T. In the nomenclature of the representation measurement 
theory this might be called derived nominal measurement. In brief, “the effect is an 
unfailing index of the amount of the cause; and if it be a measurable effect, gives a meas-
ure of the cause. We can have no other measure; but we need no other, for this is exact, 
sufficient, and complete” (Whewell, 1840, p. 172).

At this point it should be mentioned that, in my view, the method of derived measure-
ment represents a solution to the problem identified by Chang (2004, p. 57) as the prob-
lem of nomic measurement, and which can be resumed as follows: if X is a not directly 
observable quantity related to an observable quantity P by a function f(X), then it must 
be the case that in order to measure X we must know f. But if f is unknown and cannot be 
discovered empirically—because that would involve knowing the value of both X and 
P—how is it possible to measure X? Indeed, if only two quantities are taken into 
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consideration, then X can be measured only on an ordinal scale. What would result at best 
is what Ellis (1966) calls “associative measurement” (p. 90) or what alternatively may be 
called derived ordinal measurement. With at least three quantities, however, the problem 
can be solved by means of derived measurement. That is, the solution to the problem of 
nomic measurement does not result, as Sherry (2011) believes, from the “explanatory 
and predictive power of concepts that presuppose temperature’s quantitative status” (p. 
517), but from the discovery of quantitative invariances. That is, the detection of con-
stants in an empirical law constitutes necessary and sufficient evidence that a derived 
quantity is not merely measurable on an ordinal, but on a ratio scale.

Finally, note that, as already pointed out (Trendler, 2013), indicators must not be con-
tinuous quantities (e.g., length), but can also be discrete quantities (e.g., number of elec-
trons). Derived measurement can also be attained by means of probabilities (i.e., 
distributions of discrete or continuous quantities) as is described in statistical physics 
(Huang, 2001). This was until recently only a theoretical option, but in the meantime—as 
a consequence of the phenomenal progress in experimental physics—real applications 
have become a reality. For example, as mentioned, attempts are now made to measure 
temperature based on fluctuations in number of atoms (Sanner et al., 2010). The method 
relies on counting the number of atoms in small probe volumes of cold gas clouds. As 
Sanner et al. explain: “[m]any iterations allow us to determine the average atom number 
N in the probe volume and its variance (ΔN)2. For independent particles, one expects 
Poisson statistics, i.e. (ΔN)2/〈N〉 = 1” (2010, para. 5). A similar role can be ascribed in 
psychology to probabilistic models of measurement (Rasch, 1960). In Rasch models, the 
odds ratio θ = p/(1-p), where p is the probability of a correct response, is expressed as a 
function of A, person ability, and D, item difficulty, i.e., θ = A/D (Andrich, 1988). As is 
evident from Rettler’s (1993) presentation of Rasch’s concept of specific objectivity, 
measurement on the basis of Rasch models is equivalent to derived measurement. That 
is, what specific objectivity demands is that, for any two items i the ratio θ(i1)/θ(i2) is 
constant independently of which persons k are used to determine the ratio, and vice 
versa, that for any two persons k the ratio θ(k1)/θ(k2) is constant independently of the 
items i used for measurement (see also Rasch, 1977). Hence, Rasch models for measure-
ment are instances of derived measurement.

To conclude, first, given that magnitudes of derived quantities cannot be determined 
without the help of quantitative indicators and, second, given the superiority of derived 
measurement in experimental practice, we must recognize that conjoint measurement is 
superfluous as a method to demonstrate measurability. Hence, even if—contrary to the 
Millean quantity objection—the application of conjoint measurement were possible in 
psychology, it is not required, since, given the “non-observability” of psychological 
attributes, derived measurement would be the method of choice for solving the task of 
measurement.

Escape route: Derived measurement?

Given that conjoint measurement constitutes a poor substitute for derived measurement, 
one may ask: doesn’t derived measurement represent an alternative to conjoint measure-
ment; an escape route, so to speak, for the attainment of measurement in psychology? 
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After all, it is not the case that psychology completely lacks quantitative indicators. For 
example, given the variable reaction time R, empirical laws of the form R = D/A, where 
A is person ability and D is item difficulty, could easily be submitted to an empirical veri-
fication. Of course, as mentioned, the independent variable might also be a neuronal 
correlate of ability (e.g., the number N of active neurons). Or, instead of these rather ficti-
tious examples, take Rasch models of measurement by means of which psychologists are 
currently attempting to establish measurement in psychology.

However, to my knowledge there is no evidence that any constants have been found; 
neither by testing probabilistic models nor by any other means. Instead, what is usually 
offered as evidence for the existence of quantitative relations is the statement that a range 
of data statistically fit the measurement model (e.g., Bond & Fox, 2015; Stenner, Fisher, 
Stone, & Burdick, 2013). But, as Meehl (1990) notes, statistical significance doesn’t tell 
us anything about reproducibility. He elaborates:

A scientific study amounts essentially to a “recipe,” telling other cooks how to prepare the same 
kind of cake the recipe writer did. If other competent cooks can’t bake the same kind of cake 
following the recipe, then there is something wrong with the recipe as described by the first 
cook. If they can, then, the recipe is all right, and has probative value for the theory. It is hard 
to avoid the thrust of the claim: If I describe my study so that you can replicate my results, and 
enough of you do so, it doesn’t matter whether any of us did a significance test; whereas if I 
describe my study in such a way that the rest of you cannot duplicate my results, others will not 
believe me, or use my findings to corroborate or refute a theory, even if I did reach statistical 
significance. So if my work is replicable, the significance test is unnecessary; if my work is not 
replicable, the significance test is useless. (p. 138)

Hence, by relying on model fit only it is premature to claim that “the quantitative hypoth-
esis is sustained” (Stenner et al., 2013, p. 1). What one should do instead is, as explained 
above, demonstrate that ratios between particular magnitudes of quantity are invariant. 
This obviously presupposes the reproducibility of measurement values. Without the 
empirical demonstration of invariance, the “measures” for person ability A or item diffi-
culty D, constructed from “raw scores” (i.e., for person ability the count of items on which 
the person succeeds and for test difficulty the number of items which the person fails to 
pass) by means of a measurement model (Wright, 1997), cannot really be considered 
“measurement values.” Actually, statistical significance does not even guarantee that the 
calculated “measures” satisfy the properties of an ordinal scale. In general, we are licensed 
to speak of measurement proper only if the property of invariance is firmly established as 
an empirical fact (for supplementary criteria of measurement see Trendler, 2013).

Given the importance of the topic a brief digression may be permitted. As Wright 
(1997) notes, ignoring the question of measurability is the reason “why so much social 
science has turned out to be no more than transient description of never-to-be-reencoun-
tered situations, easy to contradict with almost any replication” (p. 35). Hence, it should 
come as no surprise that psychology is characterized—as has been found by the Open 
Science Collaboration (2015)—by a lack of reproducibility.4 The Open Science 
Collaboration presents the result as normal, as “the reality of doing science” (p. aac4716-
7) or as reflecting “a cumulative process of uncertainty reduction” (p. aac4716-7). In my 
view, however, this is only half the truth; the whole truth is that an empirical science is 
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not only about an interminable uncertainty reduction—i.e., a never-ending search with-
out ever delivering any concrete or only tentative results—but eventually has to rest on 
the certain solid bedrock of procedural knowledge or know-how as the given ground. I 
believe it is appropriate to say that this basis has something “absolute” about it. That is, 
contrary to Popper’s (1935/2002) view that “[s]cience does not rest upon solid bedrock” 
(p. 94), that the “bold structure of its theories rises, as it were, above a swamp” (p. 94), 
empirical theories are ultimately built over the solid bedrock of replicable empirical 
findings as the natural base. A new theory may be necessary, but once established empir-
ical know-how remains unaffected. In this sense, for instance, the three-plate method is 
absolute; since—though the theory about space has changed from Euclidean to Non-
Euclidean—the procedural knowledge or the “recipe” of how to manufacture “true 
planes” (Whitworth, 1858, p. 3), is irrevocable and indispensable. The bedrock of the 
physical sciences is quite literally solid rock; since all measurement depends directly or 
indirectly on length measurement and since reference surfaces “are generally granite 
instead of cast iron” (Dotson, 2016, p. 303). Solid bedrock is what any empirical science 
should ultimately strive for.

If it comes to measurement in psychology no such solid bedrock may ever be reached. 
As argued in detail elsewhere, the testing of the quantitative hypothesis only makes sense 
under circumstances where it is possible to control systematic disturbances (Trendler, 
2009). The problem is invariably solved through the construction of experimental appa-
ratus. This method is inapplicable in psychology, since—contrary to physical pro-
cesses—it is not possible to capture psychological processes in experimental apparatus, 
devices, or machines as would be required in order to control systematic disturbances. 
(Obviously probabilistic models represent no exception to this objection since they only 
account for random error.) Therefore, I believe that derived measurement does not repre-
sent a realistic alternative, neither in the social sciences in general nor within psychology 
in particular. Actually, the total failure of Hullian behaviorism, which in essence repre-
sents an application of derived measurement to animal psychology, already stands wit-
ness to the inapplicability of derived measurement in psychology (Koch, 1954).

Conclusion

Historically, the development of conjoint measurement theory can be interpreted as a 
reaction to Campbell’s “dictum that fundamental measurement rests on associative, 
monotonic operations of combination” (Narens & Luce, 1986, p. 168). As Narens and 
Luce point out, this conclusion was the result of “a curious debate [that] ensued during 
the 1920s and 30s about what … is measurable” (p. 168). “The debate reached its intel-
lectual nadir with the 1940 Final Report of a Commission of the British Association for 
Advancement of Science (Ferguson et al., 1940) in which a majority declared fundamen-
tal measurement in psychology to be impossible because no such empirical operations 
could be found” (p. 168; for details see Michell, 1999).

However, what is rather curious in retrospect is that, although conjoint measurement 
did not produce any substantial results in half a century, its meaningfulness has yet not 
seriously been questioned. After all, Luce and Tukey (1964) confidently claimed that the 
new type of fundamental measurement leads quite naturally “to scales of the highest 
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repute: interval and ratio scales” (p. 4); but up to this point no such scales have material-
ized in psychology or anywhere else in social sciences. The claim now resembles an 
empty promise. What advocates of conjoint measurements fail to notice is that it is not 
possible to deduce values for any quantity “from entirely qualitative observations” 
(Narens & Luce, 1986, p. 168). The misapprehension is, as has been argued, the result of 
misconceiving humans as measurement instruments; i.e., it results from the erroneous 
view that humans are able to report positions of magnitudes of quantity as if they are read-
ing them off from an “internal” scale. Once this is realized, it becomes clear why the 
conviction expressed by Michell (1999) that Luce and Tukey “showed that the measure-
ment of derived attributes did not depend upon the prior measurement of any other attrib-
utes” (p. 205) has to be regarded as inaccurate. Quite the contrary, as has been argued, 
already the determination of magnitudes of derived attributes depends on the measure-
ment of other attributes.

Suppes and Zinnes (1963) emphasize that it may

be a difficult mathematical problem to show that a given scale is (or is not) an interval scale, but 
this is not to suggest that the existence of an interval scale is a matter for philosophical speculation 
or that it depends on the whims and fancies or even the position of the experimenter. (p. 3)

This is certainly true, but just as true is that the temptation of mathematical “elegance and 
esthetics” (Krantz et al., 1971, p. 26) as inherent in the representation measurement theory 
can result in becoming lost in a realm of abstractness; where without the resistance of real-
ity, anything seems possible. Indeed, questions of measurability should not depend on the 
whims and fancies of the experimenter, but likewise they should not depend on the abstract 
aloofness of the mathematician. As Kant (1781/1998) famously remarked: “Thoughts 
without content are empty, intuitions without concepts are blind” (pp. 193–194). Similarly, 
without the mathematics of measurement the empirical method is blind, but it is just as true 
that theory without experience is empty. In the end, I believe, we must accept that the sym-
metry between dependent and independent variables observed in conjoint measurement—
and in consequence the view that all measurement is fundamental—is nothing but the 
result of a mathematical illusion, of the shadows cast by mathematics on reality.
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Notes

1. What has been recognized, according to Luce (2011), is that “we also have the interplay 
between value and risk, which means that multiplication as well as addition is in play” 
(Section 2, para. 4). In consequence, this “slight mathematical oversight … has put us on a 
misguided course for over a century. And that course may, in a number of ways, have been 
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scientifically misleading” (Section 4). Furthermore, Luce notes: “Individual differences are 
important. This has significant implications—e.g., many behavioral economic experiments 
should be redone taking into account individual types” (Section 3.1, last para.).

2. Recently Bringmann and Eronen (2016), following Chang (2004), described Regnault’s 
approach as “anti-theoretical to the extreme” (p. 30). In my view this depiction misrepresents 
the purpose of Regnault’s work. As pointed out by Ostwald (1894), Regnault’s investigations 
on the expansion of gases by heat can be traced back to Rudberg’s failure to empirically 
verify the coefficient of expansion of gases as calculated by Gay-Lussac. Regnault correctly 
suspected that the error was due to deficiencies in the experimental apparatus used. The cir-
cumstances described by Ostwald are certainly one of the main reasons why Regnault put so 
much effort into apparatus construction and, in particular, why he “studied the whole subject 
of thermometry critically with the constant care of identifying all sources of error” (Poncet & 
Dahlberg, 2011, p. 391). To construe Regnault’s scrupulosity as a master experimentalist to 
his detriment is, in my view, unfair at least.

Second, Regnault did not view the collection of data as an end in itself, as an anti-
theoretical approach would imply, but the “aim of performing accurate measurements was to 
produce useful data as a basis for empirical generalization, thus attempting to solve theoreti-
cal problems” (Poncet & Dahlberg, 2011, p. 390). For a proper assessment, it should also 
be taken into consideration that Regnault’s empirical “results were used constantly for most 
of the century to validate scientific theories and in particular in thermodynamics” (p. 388). 
Regnault was very much aware that not all problems can be solved completely atheoretically. 
As Rowlinson (2010) notes, with regard to the deviations of real gases from the ideal gas law 
Regnault, for instance, “lamented that the matter was too difficult to be solved in the labo-
ratory and urged the mathematicians to give it their attention” (p. 46). Actually, he already 
hypothesized that the behavior of real gases depends on the behavior of the molecules under 
heat (e.g., Regnault, 1847, p. 120); an idea taken up by other physicists and developed into the 
kinetic theory of gases. Hence, Regnault’s position with regard to theory is, I believe, more 
accurately described as frugal. One could say that with regard to theory formation he was 
guided by a version of Occam’s razor or the law of parsimony (Baker, 2016). Psychology in 
particular seems prone to the danger of ignoring this guiding principle and thus having to bear 
the consequences. For instance, consider cognitive psychology, where psychologists attempt 
to unravel complex “internal” systems (e.g., the structure of memory) based on a small “exter-
nal” basis (e.g., reaction time measurements). As I have argued elsewhere (Trendler, 2013), 
this endeavor is critically underdetermined, i.e., the empirical data are not able to put any 
meaningful restraint on theory. Cognitive psychologists are not even able to uniquely decide 
in which format (i.e., digital or analog) information is encoded in the brain. How does one 
expect any progress if even this most basic requirement is open to discussion? Or to take the 
example of short-term memory research invoked by Bringmann and Eronen (2016) to support 
their case; given that unitary-store models may just as well describe the phenomena, there is 
not even agreement on whether short-term memory really exists (Jonides et al., 2008; on the 
elusiveness of memory research see also Roediger, 2008; Tulving, 2007).

Third, given Regnault’s predilection for accurate measurements, it is safe to assume 
that he would not have agreed with Bringmann and Eronen (2016) that “it is possible to do 
good science based on relatively bad measurements” (p. 32; see also Sherry, 2011). In this 
regard, it is also misleading to claim that “there are surprising parallels between temperature 
measurement in the first half of the 19th century and the current situation in psychological 
research practice” (Bringmann & Eronen, 2016, p. 29). The situation is not even similar to 
the situation in physics in the 16th century, at the beginning of the development of thermom-
etry, when the first spirit-in-glass thermometer, the so-called little Florentine thermometer, 
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was manufactured. As has been empirically demonstrated based on a set of surviving instru-
ments, these thermometers already delivered very good, i.e., comparable data, so that it is 
“possible to interpret readings made with the Florentine thermometers in terms of modern 
temperature scales with considerable confidence” (Vittori & Mestitz, 1981, p. 118; see also 
Camuffo, 2002). Nothing similar is to be found in psychology. Actually, psychologists have 
not even bad measurement data; they have no measurement data at all. Hence, the current 
situation in psychology is rather similar to the situation in physics prior to the pneumatic 
experiments performed by Philo of Byzantium, at about the end of the second century B.C. 
(Middleton, 1966), that is, prior to any systematic investigation into and therefore prior to 
any accurate knowledge about the quantitative nature of any attribute. Therefore, I believe 
that the situation is incomparably worse in psychology than the situation in which Joseph 
Black found himself when developing the theory of latent heat relying on “(relatively) bad 
measurements” (Bringmann & Eronen, 2016, p. 27; see also Sherry, 2011). In consequence, 
if measurement is really the aim, “[w]hat psychologists can learn from the history of phys-
ics” (Bringmann & Eronen, 2016, p. 27) is that they should not proceed with business as 
usual and thus preserve the status quo of quantitative psychology as a pathological science 
(Barrett, 2018; Michell, 2000, 2008), but they should rather follow Regnault’s lead and 
strive to obtain as good data as possible with as good apparatus as can be manufactured. 
Otherwise it is advisable to consider procedures of data analysis which are suited for non-
quantitative data (e.g., Grice, Barrett, Schlimgen, & Abramson, 2012).

Fourth, Bringmann and Eronen (2016) argue that the “simple [emphasis added] gas 
laws” (p. 31), apparently due to their simplicity, are insufficient for measuring temperature 
on a ratio scale, since the fixed points of the thermometric gas scale are “conventions based 
on practical considerations” (p. 31) and, since there is “no plausible theoretical definition 
for what it means for temperature to change by one degree” (p. 31). That this is incorrect—
respectively, that no complex theory like thermodynamics is required for the determination 
of ratios of magnitudes between different temperatures—has hopefully become evident 
from the presentation of temperature measurement by means of Berthelot’s method (for 
details on different definitions of temperature—i.e., based on the gas laws, on thermody-
namics or the kinetic theory of gases—and the equivalence between them see Berthelot, 
1907, pp. 4–6).

3. Michell (1990) notes, conjoint measurement may not only “be extended forwards beyond the 
three variable case (i.e., P = f(A, X)) to four or more variable cases (i.e., P = f(A1, … , An))” (p. 
84), but it may also “be extended backwards to cases involving one variable” (p. 84). Thus, 
extensive measurement can be conceived as a special case of conjoint measurement. If Q is 
an extensively measurable variable, then we have A = Q, X = Q, and P = Q + Q. “That is, the 
values of A and X are the values of the variable Q itself and P are these values as combined 
under the physical operation of addition” (pp. 84–85).

4. The Open Science Collaboration study takes center stage in the so-called “replication crisis” 
(e.g., Maxwell, Lau, & Howard, 2015). What is most striking is that, while the debate about 
the reproducibility of psychological science drew much attention within the psychological 
community (and even got the attention of the media, e.g., van Bavel, 2016), the measurement 
debate (e.g., Bringmann & Eronen, 2016)—which takes place quasi simultaneously—does 
not attract any attention beyond the small circle of scholars interested in the topic of measure-
ment; even though the question of measurability is, in my view, not only the more fundamen-
tal topic, but also the main explanation for the failure of reproducibility. It is also noteworthy 
that the debate about measurability in psychology is not even noticed by authors (e.g., Loken 
& Gelman, 2017) who are aware that measurement, or more precisely, measurement error, 
may be the root problem of the failure to replicate.
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